7.8 Cvicenia 7
1. Vypocitajte:
2 1

a) fdy f(x2 + 2y)du; [14/3]
dz ; In(25/24
b) farf In(25/24)
1 1 Qdy
dx ; /12
o i
2 T x2dy
d) [dx [ R [9/4]
1 1/ Y
1 V1—z2
e) [dz [ /1—2%—1ydy. |7 /6]
0 0
2. Vypocitajte
a) ffgdxdy, D:x=2+siny, 2=0,y=0, y=2m; (97 /4]
D
dxdy
b) fg (l’+y>2’ Dil‘:3,$:4,y:1,y:2; [ln(25/24)]
c) [[2ydrdy, D:x+4+y=2y=0y=/z [5/6]
D
d) [[a?y2dzdy, D:y=x,y=1/4, x=2; 19/4]
D
e) [[e*dxdy, D:2=0,y=22=Iny. [1/2]
D
3. Vypocitajte:
dzd
a) [[ \/dedy, D:a’4+y>=a 2>0,y>0; lar /2]
ff V12 —y2dxdy, D : je trojubolnik s vrcholmi A = (0;0), B = (1; 1), C' = (1;1);
[7/6)]
¢) [[Vxy —y*dedy, D : je trojubolnik s vrcholmi A = (0;0), B = (10;1), C = (1;1);
D
(6]
d) ffex/ydxdy, D:y*=zx,y=1,1=0; [1/2]
xdxdy
O mr g Div=a2y=0 ln2]

4. Vypocitajte:
a) [[[(2*+y?)dxdydz, ak oblast V' je ohrani¢ena rovinou z = 2 a paraboloidom z?+y* =
1%

2z; [167/3]
b) [[[ zv/a? + y?dzdydz, ak oblast V je ohranifend rovinami y = 0, 2 =0, z = a a

1%
valcom % + y? = 2z; [8a?/9]
¢) [[[ Vx? + y? + z2dxdydz, ak oblast V' je ohrani¢end plochou 22 +y* + 2% = z; [7/10]
v

d) [[[ dzdydz, ak oblast V' je ohrani¢end rovinou z = 0, gulovou plochou z? 4 y* + 2% =
v
4R? a valcovou plochouz? + y? = 2Rx;



[(7/2 —2/3)16 R3/3]
e) f‘{f (a? — 2% — y? — 22)"V2dxdydz, ak oblast V je ohranifena rovinami z = 0, y = 0,

z = 0 a gulovou plochou z? + 2 + 2% = a?;

[7*a? /8]
£) [[[ (z +y + 2)*dzdydz, ak oblast V je spolo¢né ¢ast ploch 2az = 22442, 2% +y*+2% =
v
3a?. [ra®(18+/3 — 97/6)/5|
) [ff dwdydz ak oblast V' je ohranicena rovinami z+y+z=1, 2 =0,y =0
& v t+y+z+1)Y ! yre=La=ny=n
z=0. [0,5In2 —5/16]
. Vypocitajte obsah oblasti ohrani¢enej danymi krivkami:

a)2r —y=0,2r—y="T,x—4y+7=0,x — 4y + 14 = 0; [7]
¢) zy =a*, 2* =ay, y =2a, x =0, a > 0; [a*(23/24 + In 2)]
d) y? = 10z + 25, y* = —6z + 9; [v/1516/3
e) 2 +yt=2x, 2+ =4dx,y=uw,y=0; [B(w/4+1/2)] f) (x — a)? + y* = d?,
2+ (y — a)? = a*; la*(7/2 — 1)]

g) kruznicou z? + y? = 5, jej doty¢nicou v bode A = (1,2) a priamkou y = 0;
[5 — 2, barcsin (2//5)]

h) (22 +y*)? = 2a’wy; |a?]
g) (22 +y?)? = 2az3, a > 0. [57a? /8]

. Néjdite objemy telies ohrani¢enych plochami:

a)r—y+z=6,x+y=2,x=y,y=0,z2=0; [16/3]
b)y=+vz,y=2yx,2=0, 2+ 2=6; [48/6/5]
¢)z=4—22—192 22 =242+ 4% [3/7]
d) 2z = 2%+ y%, 2 = /22 + v [47 /3]
e) i +yt=2r, 2 +y =2y, 2 =2y+ux 2 =0 [3(m/2 —1)/2]
Hz=a?+y? 2=22+2} y=a,y=2z, v =1, [7/12]
g) z =2+ ¢, 2% = ay; |7/ 96]
h) 2?2492 +22 =22 22+ =2 — 2, [77 /6]
i) 22 +y?+22 =16, 22 + 3> + 22 — 82 = 0; [807 /3]
j) (2% +y* + 2%) = a’x. [ra? /3]

. Vypocitajte obsah casti danej plochy:
a) z = 2xy, ohranienej rovinami z =0, y =0, x + y = 1; [7/v/2]
b) z = (22 + y?)/2, ohranicenej rovinami z —y =1,z —y=—-1, 2 +y=1x+y = —1;
[—27/3 4+ 2v2(1 + (71n3)/4)/3]
¢) z = xy, ohranicenej valcovou plochou 2% + y* = a?;
[2((1+ 0% — 1)/3)
d) 22 — y? = 22, ohranienej rovinou y + z = a a leziacou v prvom oktante;  [a?v/2/2]
e) z = /a2 + y2, ohrani¢enej valcovou plochou (22 + y?)? = a?(2? — y?);
[a* V2]

[4(m —n)R?|
g) ax = x? + y?, ohrani¢enej plochou 2% + y* + 22 = a>. [4a?]

f) R? = 2% + 9%, ohranicenej rovinami z = mz a z = nx, m > n > 0;
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